In this paper, we investigate Borel exceptional values of meromorphic solutions of Painlevé III difference equations. In particular, let w be a transcendental meromorphic 
Introduction
Let w be a meromorphic function in the complex plane. The z-dependence is supposed by writing w ≡ w(z + ) and w ≡ w(z -). We assume the reader is familiar with the standard notation and results of Nevanlinna value distribution theory (see, e.g., [-] ). ρ(w), λ(w), and λ(/w) denote the order, the exponents of convergence of zeros and poles of w, respectively. We also denote by S(r, w) any quantity satisfying S(r, w) = o(T(r, w)) for all r outside of a set with finite logarithmic measure.
Meromorphic solutions of complex difference equations have become a subject of great interest recently [-], due to applications of value distribution theory to difference expressions [-]. In particular, Halburd and Korhonen [] studied the difference equation
where R is rational in w and meromorphic in z with slow growth coefficients. They proved that if (.) has an admissible meromorphic solution of finite order, then either w satisfies a difference Riccati equation or (.) can be transformed into eight simple difference equations. These simple difference equations include Painlevé I, II difference equations and linear difference equations. Some of these, restricting the coefficients to be constants, are studied by Chen and Shon [], leading to the following. 
Theorem A If w is a transcendental finite-order meromorphic solution of
 is a Picard exceptional value of w, this shows that λμ =  is necessary in Theorem C.
The purpose of this paper is to study the Borel exceptional values of meromorphic solutions of difference equations (.) and (.). In fact, one may ask: what happens if we remove the restriction λ =  in the second conclusion in Theorem B? The two solutions w  (z) and w  (z) of difference equation (.) given by Example . both have a Picard exceptional value (also a Borel exceptional value) . It is natural to ask can the solutions of (.) have two Borel exceptional values? Corresponding to these questions, we obtain the following results as the complement of researching of Painlevé III difference equations. 
Theorem . Let w be a transcendental meromorphic solution of (.) with finite order. If a, b are two Borel exceptional values of w and λ
With the help of Lemma ., the difference analogs of the Clunie and Mohon'ko lemmas are obtained. 
Lemma . ([, ]) Let w be a transcendental meromorphic solution of finite order of the difference equation P(z, w) = , where P(z, w) is a difference polynomial in w(z). If P(z, a) ≡  for a meromorphic function a satisfying T(r, a) = S(r, w), then m r,  w -a = S(r, w). http://www.advancesindifferenceequations.com/content/2014/1/144
We conclude this section by the following lemma.
Lemma . (See, e.g., [, pp.-])
Let f j (j = , . . . , n) (n ≥ ) be meromorphic functions, g j (j = , . . . , n) be entire functions. If 
Proofs of theorems
Since f is of finite order, we suppose that
where d ( = ) is a constant, n (≥ ) is an integer, g(z) is meromorphic and satisfies
where g  (z) = e ndz n- +···+d and g
We get from (.) and (.) that w =
. By (.) and (.), we have
where
From (.), we apply Lemma . to (.), and as a result all the coefficients vanish. Since a and b are non-zero constants, we deduce from A(z) =  and D =  that
Since the last two equations are both homogeneous, there exist two non-zero constants α and β such that G  = αG and
On the other hand, combining (.) with (.), we get
which yield αβ = . It follows from (.) and (.) that
Combining (.) and (.) gives
Noting that η =  and a = b, we obtain ab = λ. This is the conclusion (ii). Rewrite (.) as
Combining this with (.), we get a + b =  + η, then (i) follows.
On the other hand, we get from (.) 
